With a Hubert algebra with identity (HAI) we mean a Hubert space with inner product (x, y) which is also an associative Banach algebra with identity e\ the norm ||x|| = (x, x) 112 satisfying d) NMMHMI, ( 2) IMI = i.
An HAI is called real if it is a real Hilbert space and a real algebra; complex if it is complex in both respects.
As a consequence of a result on the geometric properties of the unit sphere in Banach algebras, originally due to Bohnenblust and Karlin [2] , one easily gets THEOREM 
A complex Hilbert algebra with identity is isomorphic to the complex numbers.
(This is a rephrasing of [3, Corollary 2, p. 25].) In connection with this, it was conjectured by I. Kaplansky 1 that every real HAI must be isomorphic to the reals, complexes or quaternions. The object of this note is to prove that this is true. (Of course if condition (2) or the assumption of identity is dropped there are many other examples.) In particular, we will see that the given conditions imply that the norm must satisfy Ml-Ml-Ml, in other words be an absolute value.
The proof depends partly on techniques developed in [3] . We start with two preliminary results. PROPOSITION 
For an element x in a real HAI the conditions
||exp ax\\ = 1 for all real a are equivalent.
PROOF. We define (<p) = (*'P 2 foO = real, since (x')^ is imaginary-valued. Then (x 2 )^ is a nonzero constant, x 2 has inverse and x has inverse. Thus we have shown that every x^O has an inverse. Since the only normed real division algebras are the reals, the complexes and the quaternions the theorem is proved.
Utilizing Proposition 1, it is a simple matter to verify that the familiar norms for the complexes and quaternions are unique as real H AI norms, and so a given H AI norm, satisfying (1) and (2) , is in fact an absolute value.
REMARK. In Theorems 1 and 2 we need not assume the algebra to be complete. If A satisfies all the axioms for an H AI except completeness, its completion (as a normed space) is an HAI and hence, according to Theorem 1 or 2, finite-dimensional. Then A is also finite-dimensional and automatically complete.
